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ABSTRACT

It has been widely observed in experiments that beta-induced Alfv�en eigenmodes (BAEs) can be destabilized by both energetic ions (EIs) and
energetic electrons (EEs), which are termed as i-BAE and e-BAE propagating along each diamagnetic drift direction. In this work, we focus
on the synergy effects of co-existing EIs and EEs on BAE stability, which are investigated numerically using the MAS code based on a Landau
fluid–gyrokinetic hybrid model incorporating the kinetic effects of bulk plasma and energetic particle (EP) in a non-perturbative manner. It
is found that for the center-peaked EI and EE pressure profiles that effectively drive i-BAE and e-BAE unstable, the synergy effects between
EI and EE can lead to the stabilization for both i-BAE and e-BAE branches, which is attributed to the EP fluid convection and kinetic particle
compression (KPC) responses that modify the magnetohydrodynamic (MHD) interchange and wave-particle resonances. The EP fluid con-
vection response can enhance MHD interchange with center-peaked pressure profiles, which generally decreases the BAE frequency closer to
ion acoustic wave and thus enhances the bulk plasma Landau damping. The passing EIs can resonate with both i-BAE and e-BAE through
transit motion resonance, for which the KPC response provides drive for i-BAE with x�

p=x > 0 and damping for e-BAE with x�
p=x < 0

(where x�
p is the EI diamagnetic drift frequency). A stabilizing regime due to EE and EI synergy effects is then demonstrated for BAE, which

is helpful for explaining experimental observations and control of Alfv�en eigenmode activities through multiple auxiliary heating.

VC 2026 Author(s). All article content, except where otherwise noted, is licensed under a Creative Commons Attribution (CC BY) license (https://
creativecommons.org/licenses/by/4.0/). https://doi.org/10.1063/5.0295801

I. INTRODUCTION

In fusion experiments, energetic particles (EPs) can be produced
through the processes of radio frequency (RF) wave heating and cur-
rent drive, neutral beam injection (NBI), and fusion reactions, which
are characterized by a much smaller population compared to the bulk
plasma, while the pressure values are close to each other. The EP-
related physics issues have received great attention in theory, simula-
tion, and experiment over the past decades, which are strongly coupled
to bulk plasmas and determine the overall plasma confinements.1,2

Various shear Alfv�en wave (SAW) instabilities in meso- and macro-
scales can be destabilized by EPs through wave-particle resonance
interactions and, in turn, lead to EP anomalous transports, including
Alfv�en eigenmodes (AEs), energetic particle modes (EPMs) and mag-
netohydrodynamic (MHD) modes. Specifically, the toroidal Alfv�en
eigenmode (TAE),3,4 reversed shear Alfv�en eigenmode (RSAE),5 and
beta-induced Alfv�en eigenmode (BAE)6,7 are considered the most

important AEs responsible for EP redistribution and transport. This
work aims to understand the synergy effects of energetic ion (EI) and
energetic electron (EE) on BAE stability, for which the continuum
accumulation point (CAP) is lifted due to the plasma geodesic com-
pression, characterized by the geodesic acoustic mode (GAM) fre-
quency but with a finite toroidal mode number n > 0.8

The BAE branches exist in both ion and electron diamagnetic
drift directions with nearly symmetric frequency, which suffer contin-
uum damping and radiative damping from bulk plasmas and are stable
in the absence of EPs. As the power of RF/NBI heating and current
drive increases, the EP drive eventually exceeds the threshold for over-
bulk plasma damping, and the BAE becomes unstable and propagates
in the EP diamagnetic drift direction. For example, the EI-driven BAE
(i-BAE) is first identified in DIII-D experiment9 with NBI and ion
cyclotron resonance heating (ICRH) and later confirmed in many

Phys. Plasmas 33, 022504 (2026); doi: 10.1063/5.0295801 33, 022504-1

VC Author(s) 2026

Physics of Plasmas ARTICLE pubs.aip.org/aip/pop

 15 February 2026 05:47:00

https://doi.org/10.1063/5.0295801
https://doi.org/10.1063/5.0295801
https://www.pubs.aip.org/action/showCitFormats?type=show&doi=10.1063/5.0295801
http://crossmark.crossref.org/dialog/?doi=10.1063/5.0295801&domain=pdf&date_stamp=2026-02-12
https://orcid.org/0009-0001-9067-2526
https://orcid.org/0000-0002-2890-0700
https://orcid.org/0000-0002-7136-2119
https://orcid.org/0000-0003-2007-8983
mailto:jbao@iphy.ac.cn
mailto:wzhang@iphy.ac.cn
https://creativecommons.org/licenses/by/4.0/
https://creativecommons.org/licenses/by/4.0/
https://doi.org/10.1063/5.0295801
pubs.aip.org/aip/php


other tokamaks, including TFTR,10,11 FTU,12,13 NSTX,14 ASDEX-
Upgrade,15 Tore-Supra,16 HL-2A,17 KSTAR,18 and J-TEXT.19 The EE-
driven BAEs are recently observed in HL-2A20 and EAST toka-
maks,21–23 which utilize the electron cyclotron resonance heating
(ECRH) and lower hybrid current drive (LHCD) that are favorable for
EE generation. Both efforts in theory and simulation are performed to
understand the linear properties of BAE. The theoretical framework of
the general fishbone-like dispersion relation (GFLDR) demonstrates
the (kinetic) BAE dispersion relation based on the gyrokinetic
model.6,24 Global gyrokinetic and kinetic-MHD hybrid simulations are
successfully carried out to investigate EP excitation of BAE.
Specifically, the i-BAEs are studied by XHMGC,24–26 GTC,27–31

ORB5,32–34 and M3D-K,35–37 and the e-BAEs are studied by GTC in
analytic geometry38 and HL-2A experimental geometry.39

Inspired by the observations on single e-BAE during ECRH20

and single i-BAE during NBI heating40 in HL-2A experiments, with
applying more high-power heating approaches, abundant EEs and EIs
can co-exist in the present-day experiments; however, their synergy
effects on AE stability still remain to be understood. It should be
pointed out that AE stabilities in the presence of multiple EIs have
been numerically investigated, which are characterized by the positive
charge sign with the same directions of diamagnetic drift and magnetic
drifts. For instance, Fu et al. examined the impact of alpha particles
and NBI-driven ions on TAE stability in TFTR,41 while Varela et al.
studied the influence of different NBI ion components on AEs in DIII-
D.42 Different from multiple EI species, the EE and EI have opposite
charge signs, and their synergy effects on EI-driven TAE have been
recently explored by MEGA simulation,43 which is a relatively new
topic in the community.

We investigate the synergy effects between EE and EI on BAE sta-
bility in this work using the global eigenvalue code MAS, which has
been well benchmarked with gyrokinetic and kinetic MHD codes for
AE44–46 and MHD problems.47 In MAS code, the bulk plasma is
described by five-field Landau fluid model, which keeps the kinetic
effects of electron/ion diamagnetic drifts and Landau damping, ion-
finite Larmor radius (ion-FLR) and parallel electric fields beyond ideal
MHD physics44 and, thus, can faithfully capture the comprehensive
bulk plasma damping for determining the excitation threshold of BAE,
including continuum damping, radiative damping, and Landau damp-
ing. The drift-kinetic model is applied for describing EE dynamics,
which separates the EE responses into adiabatic fluid convection and
non-adiabatic kinetic particle compression (KPC) parts, which associ-
ates with the MHD interchange drive in reactive-type and wave-
particle resonance drive in dissipative-type, respectively.45 Both
trapped and passing particles contribute to the EE adiabatic fluid con-
vection response, while the EE KPC response is only contributed by
trapped particles with the predominant precessional drift resonance,
the transit motion resonance of passing EEs and the bounce-
precession resonance of trapped EEs are ignored since corresponding
characteristic frequencies are much higher than the BAE frequency.
The gyrokinetic model is applied for describing EI physics; in addition
to the precessional drift resonance of trapped EIs, it is further extended
with EI orbital effects of FLR and finite orbit width (FOW) and transit
motion resonance of passing EIs.46 Based on the above numerical
implementations, MAS code can capture both the bulk plasma damp-
ing and the EP drive effects in a non-perturbative manner, which facil-
itates the current study of BAE stability in the EI/EE parameter space.

In this paper, we choose two typical examples to demonstrate the syn-
ergy effects between EE and EI on the BAE dispersion relation and
mode structure, specifically analyzing the passing EI effects on e-BAE
and trapped EE effects on i-BAE, and the BAE growth rates exhibit a
substantial decrease in both examples. Consequently, a stability win-
dow of BAE is found due to the mutual stabilization of i-BAE and e-
BAE by EEs and EIs, which suggests a possible method for the active
control of AE stability in experiments.

This paper is organized as follows: Sec. II presents the Landau
fluid–gyrokinetic hybrid physical model of MAS code. Section III
shows the simulation results of passing EI effects on e-BAE,
trapped EE effects on i-BAE, and BAE stability window due to EE
and EI synergy stabilization. Section IV gives the summary and
discussion.

II. PHYSICAL MODEL

Beyond MHD physics, MAS code can be applied for the linear
analyses of various plasma instabilities with crucial kinetic effects,
based on the Landau-fluid model for bulk plasma, the gyrokinetic
model for EI species, and the drift-kinetic model for EE species that
have been developed and benchmarked in early works.44–46 In this
work, we first combine the above models and numerical implementa-
tions in a single framework by self-consistently incorporating the EI-
and EE-related terms into the bulk plasma model equations, which
read the vorticity equation:
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the parallel Ohm’s law:
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the thermal ion pressure equation:
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the parallel momentum equation:
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and the ion continuity equation:
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p
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Alfv�en speed calculated by using thermal ion mass and thermal elec-
tron density, Jk0 ¼ c

4p b0 � r � B0 is the parallel equilibrium current
density, j ¼ b0 � rb0 is the magnetic field curvature, qi ¼ vthi=Xci is

the ion Larmor radius, vthi ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffi
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p
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, and �ei is the electron–

ion collision frequency. The subscript s¼ i;e represents the ion and
electron species of bulk plasmas. Equations (1)–(5) describe the
dynamics of bulk plasmas and require closures of dPe, dTe, dTi, dne,
and duke as follows:
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and
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The terms labeled by the brackets in Eqs. (1), (8), and (9) induce the
EE and EI effects through the moments integrated from the perturbed
distributions, which are separated into the adiabatic fluid and non-
adiabatic kinetic parts as dfh ¼ df Ah þ dKh, with h ¼ ee; ei denoting
EE and EI species. It should be pointed out that in Eq. (1), the EP-IC
and EP-KPC terms refer to the EP-induced MHD interchange and
kinetic compression effects, which arise from df Ah and dKh, respec-
tively. The adiabatic part df Ah describes the fluid property:6,48
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where the first term indicates compression response to ion–acoustic
fluctuations, the second term indicates convection response to shear-
Alfv�enic fluctuations being much larger than the first term for Alfv�enic
modes, and the adiabatic part df Ah is referred to as adiabatic fluid con-
vection response in this work. D/ ¼ d/� dw, x�
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p
. In the drift-kinetic limit, the FLR effects can be

ignored by setting J0 ¼ 1. The non-adiabatic part dKh describes the
kinetic particle compression response, for which the governing equa-
tion can be obtained from the gyrokinetic Vlasov equation for total
dfh

6,48 and Eq. (11) as
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where xd ¼ �ivd � r, and J is the Jacobian of Boozer coordinates
ðw; h; fÞ defined by J�1 ¼ rw�rh � rf. The dKh solution of Eq.
(12) differs between magnetically trapped and passing particles, which
are obtained based on deeply trapped and well-circulating approxima-
tions, respectively.45,46 To close the system of Eqs. (1)–(10), the EE and
EI moments are calculated by integrating the perturbed distributions
in velocity space. Specifically, the EP moments related to df Ah can be
analytically derived for Maxwellian equilibrium as
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where C0ðbhÞ ¼ I0ðbhÞe�bh , C1ðbhÞ ¼ I1ðbhÞe�bh , and I is the modi-
fied Bessel function of the first kind. To guarantee the accuracy of
FOW effects in both long- and short-wavelength regimes, a velocity
space integration algorithm is developed for numerical calculation of
non-adiabatic EP moments:46

dnNAh ¼
ð
J0dKhdv; (17)

duNAkh ¼ 1
nh0

ð
vkJ0dKhdv; (18)
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dPNA
kh ¼

ð
mhv

2
kJ0dKhdv; (19)

dPNA
?h ¼

ð
lB0J0dKhdv: (20)

Note that the non-adiabatic pressures of Eqs. (19) and (20) are propor-
tional to EP-KPC terms in Eq. (1). For Alfv�enic modes with minor EP
species, we only consider the EP effects from EP-IC and EP-KPC terms
in Eq. (1), which are related to EP pressure moments in Eqs. (15), (16),
(19), and (20) that dominate over density and parallel velocity pertur-
bations.45,46 In addition to numerical integrations of the above EP
non-adiabatic moments with FOW effects, for the limiting case of
zero-orbit-width (ZOW), Eqs. (17)–(20) can be derived analytically
based on deeply trapped and well-circulating approximations, which
are given in Appendix A. It is worthwhile mentioning that the deeply
trapped and well-circulating approximations are adopted for EP
species in MAS framework at the current stage,45,46 which would be
sufficient for describing the dynamics of most EP population in
high-aspect ratio tokamaks. However, the barely trapped and barely
circulating EEs generated during various RF-heated processes can res-
onantly interact with and destabilize fishbones49 and TAEs,50 which
require a general treatment on orbit integrator and velocity space inte-
gration in full k domain (k ¼ lBa=E denotes the pitch angle) and are
beyond the scope of this study. Recently, the action angle approach has
been successfully applied for calculating wave-particle resonances in
full k domain,51,52 which can be adopted by the MAS model in future
development. Regarding BAE excitations by different EP species, MAS
has been verified with GTC gyrokinetic simulation for e-BAE in
Ref. 45, and the i-BAE comparison between two codes is introduced
in Appendix B.

III. SIMULATION RESULTS

In this section, we carry out MAS simulations to investigate the
effects of EE/EI adiabatic fluid convection and non-adiabatic KPC
responses on BAE stability, which couple to bulk plasma through the
EP-IC and EP-KPC terms in Eq. (1), respectively. The adiabatic fluid
convection response [Eq. (11)] already incorporates both the passing
and trapped particle contributions, while the non-adiabatic KPC
responses rely on the specific wave-particle resonance of each charge
species. To delineate the underlying physics clearly, the EI and EE adi-
abatic fluid convection responses are fully kept with df Aei and df Aee ,
while the non-adiabatic KPC responses are calculated using the pass-
ing EI and trapped EE particles, based on the considerations of passing
EI transit motion resonance and trapped EE precessional drift reso-
nance, respectively, namely, dKei � dKpassing

ei and dKee � dKtrapped
ee . In

contrast, the transit motion frequency of passing EE is much larger
than the BAE frequency, for which the non-adiabatic KPC response is
almost zero with dKpassing

ee � 0. Despite additional orbit effects (FLR
and FOW) and higher order precession-bounce resonance, the non-
adiabatic KPC response of trapped EI is similar to that of trapped EE
with precessional drift resonance, which becomes more important as
EI temperature increases. After clarifying the EI effects on e-BAE sta-
bility and EE effects on i-BAE stability, we shall show the existence of a
BAE stability window due to the synergy effects between EE and EI.

To isolate the influence of geometry complexity on BAE physics,
a concentric circular geometry is applied in simulation, with the on-
axis magnetic field strength B0 ¼ 1:91 T, the major radius R0 ¼ 1:60
m, and the minor radius a ¼ 0:29R0. The safety factor profile is given

by q ¼ 1:3721þ 0:5ŵ � 0:1ŵ
2
, where ŵ ¼ w=ww represents the nor-

malized poloidal magnetic flux with ww being the wall value. The
radial profiles of safety factor q and magnetic shear s ¼ r

q
dq
dr are shown

in Fig. 1(a), where the q ¼ 1:5 rational surface is located at qtor ¼ 0:5.
The proton is applied for both thermal ion and EI species with Zi

¼ Zei ¼ e and mi ¼ mei ¼ mp. The bulk plasma temperatures and
thermal electron density are uniform with Te0 ¼ 2 keV, Ti0 ¼ 0:5Te0,
and ne0 ¼ 1:3� 1020 m�3. The EP temperature Th is also uniform
and varies in different simulations. Both EE and EI utilized the density
profile described by

nh0 ¼ Chne0 1:0þ 0:24 tanh 0:26� ŵ
� �

=0:1
	 


� 1:0
h in o

; (21)

where the subscript h ¼ ei; ee stands for EI and EE species, and Ch

� ½0; 1� is the control parameter for EP density. The radial profiles of
normalized EP density nh=ðChne0Þ and density gradient intensity
jR0=Ln;hj are shown in Fig. 1(b), which peaks at q ¼ 1:5 rational sur-
face with the maximum value of jR0=Ln;hj ¼ 12, and Ln;h ¼
ðrnh0=nh0Þ�1 represents the EP density scale length. The thermal ion
density ni0 is then determined by the quasi-neutrality condition
Zini0 ¼ eðne0 þ neeÞ � Zeinei. In this work, we use 200 radial grid
points and 2560 poloidal grid points and keep both the principal dom-
inant m-harmonic and sidebands m 2 ½nq� 1; nqþ 1� for BAE simu-
lations, which are enough for BAE physics in high-aspect ratio
tokamak with the above parameters. The numerical convergence of
our simulation results has been confirmed.

In the following, eight BAE cases are simulated with different EE
and EI physics for n ¼ 4 mode, which are described in Table I. It
should be noted that the EE-IC/EI-IC (i.e., EP-IC) labeled by the
bracket in Eq. (1) refer to the EP counterpart of the MHD interchange
term, which associate with the EP adiabatic fluid convection response
df Ah , and the EE-KPC/EI-KPC terms in Eq. (1) associate with the EP

FIG. 1. (a) The radial profiles of safety factor q and magnetic shear s ¼ r
q
dq
dr. (b)

The normalized EP density profile of nh=ðChne0Þ and EP density gradient intensity
jR0=Ln;hj, and Ln;h ¼ ð 1nh

dnh
dr Þ�1.
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non-adiabatic KPC response dKh. Specifically, the e-BAEs propagating
along electron diamagnetic drift direction are investigated in cases
(I)–(IV), which are damped by bulk plasmas and excited unstable by
trapped EEs in the parameter space of nee and Tee. Different EI
effects are induced to e-BAEs: no EI in case (I), nei=ne0 ¼ 0:02 and
Tei=Te0 ¼ 9 in case (II), nei=ne0 ¼ 0:03 and Tei=Te0 ¼ 9, and a con-
trolled simulation is conducted in case (IV) using the same nei and Tei

of case (II) but dropping the EI-KPC term in Eq. (1). Similarly, the
i-BAEs propagating along the ion diamagnetic drift direction are inves-
tigated in cases (V)–(VIII), which are damped by bulk plasmas and
excited unstable by the passing EIs in the parameter space of nei and
Tei. Different EE effects are induced to i-BAEs: no EE in case (V),
nee=ne0 ¼ 0:04 and Tee=Te0 ¼ 17:5 in case (VI), nee=ne0 ¼ 0:06 and
Tee=Te0 ¼ 17:5 in case (VII), and a controlled simulation is conducted
in case (VIII) using the same nee and Tee of case (VI) but dropping
EE-KPC term in Eq. (1).

A. EI effects on e-BAE stability

We first analyze the e-BAE dispersion relation with different EI
effects in cases (I)–(IV), to clarify the roles of opposite charge species
EI on e-BAE stability. In these cases, the dominant EE-IC and trapped
EE-KPC terms in Eq. (1) are kept, and the e-BAE can be excited
through the precessional drift resonance with trapped EEs. Meanwhile,
comprehensive bulk plasma damping effects are kept in the MAS
model,44 including continuum damping, radiative damping, and
Landau damping by both thermal ions and thermal electrons. The e-
BAE stability can then be determined by the competition between the
EE drive and bulk plasma damping, for which the real frequency xr

and growth rate c dependencies on EE density nee and EE temperature
Tee are shown in Figs. 2(a) and 2(e). It is seen that jxrj decreases as nee
and Tee increase; the reason is that df Aee with center-peaked pressure
profile, the MHD interchange effect is enhanced through the EE-IC
term in Eq. (1), which non-perturbatively decreases the absolute value
of e-BAE real frequency.45 The c value of e-BAE exhibits non-
monotonic variations with both nee and Tee, resulting in an island-like
unstable spectrum. In the regime of bee 	 be0, the EE drive cannot
overcome bulk plasma damping, and the e-BAE is stable with c < 0.
In the regime of bee � be0, the drop of jxrj, due to EE-IC, is small,
while the trapped EE-KPC drive quickly increases either through nee
for EE population or through Tee for the resonance condition, the e-
BAE c value increases to the maximal amplitude. In the regime of
bee 
 be0, the frequency mismatch breaks the resonance condition

between trapped EE and e-BAE, due to the large decrease in jxr j by
EE-IC or the large increase in trapped EE precession frequency, which
weakens the trapped EE-KPC drive and enhances the bulk plasma
damping.

The EI effects are induced in cases (II)–(IV), by choosing EI tem-
perature of Tei=Tee ¼ 9 to satisfy the transit motion resonance
between the passing EIs and e-BAE, and keeping the same EE physics
as in case (I). As EI density nei gradually increases in cases (I)–(III), the
overall e-BAE jxr j decreases slightly by comparing Figs. 2(a)–2(c),
attributing to the small enhancement of MHD interchange effect by
perturbative EIs with center-peaked pressure profile. The e-BAE c is
sensitive to EI fraction, and the unstable domain size exhibits an
obvious reduction when comparing Figs. 2(e)–2(g). For example, cases
(I)–(III) give the minimal critical value of EE-b for e-BAE excitation as
minðbee;critÞ ¼ 0:91%; 1:85%; 2:28%, which show increase trend that
implies the e-BAE damping enhancement by EIs. To understand the
underlying mechanism of EI stabilization, a controlled simulation is
conducted in case (IV) using the same nei and Tei parameters with
case (II), and case (IV) differs from case (II) by only keeping the EI-IC
term while removing the passing EI-KPC term in Eq. (1). Comparing
the results of cases (I), (II), and (IV) in Fig. 2, we conclude that the
EI-IC term in Eq. (1) is mainly responsible for the slight decrease in
e-BAE jxrj, while the passing EI-KPC term in Eq. (1) is mainly respon-
sible for the large decrease in e-BAE c. Specifically, two EI stabilization
routes for e-BAE can be identified in the regime of bei 	 be0. The first
route is the transit motion resonance with e-BAE that leads to the direct
damping through the passing EI-KPC term, which is intuitive from the
theoretical expression of dPNA

ei . Considering the ideal MHD approxima-
tion of d/ ¼ dw and the uniform Tei, Eq. (A5) reduces to

dPNA
ei � �4Zeinei

xD;ei

x
dw 1� x�

n;ei

x

� �
FFLR; (22)

based on the Maxwellian EI equilibrium distribution. In the bracket of
Eq. (22), the first term “1” comes from the negative energy derivative
of @fei@E < 0, which represents the EI Landau damping. The second term
is related to the radial derivative @fei

@r and mode frequency, which can
either drive or damp modes relying on the sign. For center-peaked EI
pressure profile with positive x�

n;ei > 0 and e-BAE propagating along
the electron diamagnetic drift direction with negative x < 0, the sign
of the second term �x�

n;ei=x > 0 is consistent with the first term “1”;
thus, the spatial gradient of passing EI distribution with center-peaked
pressure profile can stabilize the e-BAE. This mechanism is consistent

TABLE I. Various simulation cases with different combinations of EI and EE physics. The EE and EI effects refer to the predominant EP-IC and EP-KPC terms labeled by the
brackets in Eq. (1), which associate with df Ah and dKh. Cases (I)–(IV) focus on the EI effects on e-BAE stability, and cases (V)–(VIII) focus on the EE effects on i-BAE stability.

Case Branch Tee=Te0 nee=ne0 EE effects Tei=Te0 nei=ne0 EI effects

(I)

e-BAE � ½5; 30� � ½0; 0:1� EE-IC trapped EE-KPC

None None None
(II) 9 0.02

EI-IC passing EI-KPC(III) 9 0.03
(IV) 9 0.02 EI-IC
(V)

i-BAE

None None None

� ½5; 25� � ½0; 0:05� EI-IC passing EI-KPC
(VI) 17.5 0.04

EE-IC trapped EE-KPC(VII) 17.5 0.06
(VIII) 17.5 0.04 EE-IC
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with the theoretical framework of EP-AE interaction reviewed by
Ref. 53. The second route is the non-perturbative EI effect that
decreases e-BAE jxr j through the EI-IC term, which leads to the
reduction of the frequency gap between e-BAE and ion acoustic
wave and thus enhances the bulk plasma Landau damping. In the
regime of bei 	 be0 adopted by cases (II)–(IV) simulations, the first
route plays the dominant role on EI stabilization of e-BAE, while the
second route is sub-dominant due to the smallness of EI-b that is
perturbative to e-BAE fluctuations. Figure 3 shows the e-BAE mode
structure of the electrostatic potential d/ in cases (I)–(IV), which
are barely modified by EIs with bei 	 be0 in consistent with the
slight decrease in e-BAE jxr j. In a short summary, the EIs with
center-peaked pressure profile can effectively stabilize e-BAE in the
perturbative regime of bei 	 be0 when EI diamagnetic drift fre-
quency is opposite to the e-BAE frequency in sign x�

n;ei=x < 0,
which primarily attributes to the dissipative damping induced by
passing EIs through transit motion resonance.

B. EE effects on i-BAE stability

We further analyze the i-BAE properties in cases (V)–(VIII)
using the same geometry and bulk plasma parameters, in which the EI
and EE species switch roles compared to e-BAE cases. Specifically, the
passing EIs are responsible for the i-BAE excitation through transit
motion resonance, while EEs are added as the opposite charge species
that modify i-BAE stability. Case (V) corresponds to the EI-driven i-
BAE without additional EEs, for which the real frequency xr and
growth rate c dependencies on EI density nei and temperature Tei are
shown in Figs. 4(a) and 4(e), respectively. In the regime of bei � be0

that is common in experiments, the i-BAE xr is barely changed by EIs,
while the i-BAE c can quickly increase with increasing the EI drive
intensity, which overcomes the bulk plasma damping and becomes
unstable. The EE effects are induced in cases (VI)–(VIII), including the
EE adiabatic fluid convection response df Aee for EE-IC term and
trapped EE non-adiabatic KPC response dKtrapped

ee for EE-KPC term in
Eq. (1). Though the precessional drift frequency amplitude of trapped
EEs is on the same order as i-BAE frequency, the trapped EEs cannot
interact with i-BAEs through wave-particle resonance due to the oppo-
site motion direction, for which the response to i-BAE fluctuations is
reactive-type. It should be pointed out that barely trapped EE with a
small population has the ion-direction precession drift, which is not
considered in the MASmodel that treats the trapped particle dynamics
based on deeply trapped approximation in the leading order. Different
from the efficient stabilization of e-BAE by the passing EI resonance
damping, EE cannot alter i-BAE stability in the perturbative regime of
bee 	 be0 due to the lack of resonance condition; thus, the relatively
large nee and Tee are chosen for EEs to satisfy the non-perturbative
condition of bee � be0, which indirectly affects the i-BAE through
non-perturbative modifications on the real frequency and mode
structure.

As shown in Figs. 4(a)–4(c), the i-BAE real frequency xr

decreases up to �30% by gradually increasing the EE fraction in cases
(V)–(VII). Consequently, the bulk plasma damping is enhanced due to
the frequency downshift, and the i-BAE growth rates significantly
decrease as indicated by Figs. 4(e)–4(g). In case (VIII), we use the same
nee and Tee parameters as in case (VI), while keeping the EE-IC term
and removing the trapped EE-KPC term in Eq. (1), and carry out a

FIG. 2. MAS simulations of n ¼ 4 e-BAE dispersion relation with different EI effects in cases (I)–(IV). The first and second rows show the dependencies of e-BAE real fre-
quency xr and growth rate c on EE density nee and temperature Tee. The cyan solid lines represent the e-BAE stability boundary with c ¼ 0, and the red pentagrams repre-
sent the locations of nee and Tee parameters corresponding to the minimal value of critical EE-b for e-BAE excitation, i.e., minðbee;critÞ ¼ 0:91%; 1:85%; 2:28%; 0:90% for
cases (I)–(IV).
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controlled simulation to clarify the role of trapped EE-KPC term on
i-BAE stability. From cases (V), (VI), and (VIII) in Fig. 4, it is seen that
both the i-BAE xr and c show larger reductions in case (VIII) com-
pared to case (VI), which indicates that the EE-IC term for MHD
interchange enhancement is weakened by the trapped EE-KPC term.

The reason can be understood by comparing dPA
k;?ee and dPNA

ee , which
are proportional to EE-IC and trapped EE-KPC terms in Eq. (1),
respectively. Considering the uniform Tee profile and zero Larmor
radius (ZLR) for EEs, and the ideal MHD approximation of d/ ¼ dw,
Eqs. (15) and (16) reduce to

FIG. 3. The n ¼ 4 e-BAE 2D poloidal mode structures of electrostatic potential d/ in cases (I)–(IV) (first row) and the corresponding 1D radial profiles of each m-harmonics
(second row), which correspond to the A points in Figs. 2(a)–2(d).

FIG. 4. MAS simulations of n ¼ 4 i-BAE dispersion relation with different EE effects in cases (V)–(VIII). The first and second rows show the dependencies of i-BAE real fre-
quency xr and growth rate c on EI density nei and temperature Tei . The cyan solid lines represent the i-BAE stability boundary with c ¼ 0, and the red pentagrams represent
the locations of nei and Tei parameters corresponding to the minimal value of critical EI-b for i-BAE excitation, i.e., minðbei;critÞ ¼ 0:58%; 1:07%;1;1 for cases (V)–(VIII).
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dPA
kee ¼ dPA

?ee � �qenee
x�

n;ee

x
dw; (23)

and Eq. (A10) reduces to

dPNA
ee � ftqenee

x�
n;ee

x
R5

ffiffiffi
f

p	 

dw; (24)

where ft is the trapped EE fraction, R5 is the trapped EE response func-
tion, f ¼ x=xD;ee, and xD;ee ¼ �i cTee

qe
b0�j
B0

� rjh¼0 reflects the EE pre-
cession frequency after integration average over the Maxwellian
distribution. As shown in Fig. 5, in the regime of f ¼ x=xD;ee < 0 for
a negative ratio between i-BAE frequency and EE precession fre-
quency, the imaginary parts of R5 and dPNA

ee are zero [i.e., ImðR5Þ ¼ 0
and ImðdPNA

ee Þ ¼ 0 without wave-particle resonance], the positive real
part of ReðR5Þ > 0 leads to the opposite sign between dPNA

ee and dPA
ee

that cancels each other out up to the trapped particle fraction ft , which
results in a near-zero trapped EE net response to ion direction modes.
This physics picture is consistent with the observation in gyrokinetic
simulations of ion temperature gradient (ITG) mode with trapped
thermal electrons,54 and both demonstrate the destabilization of ion

direction modes by trapped electrons. Figure 6 shows the i-BAE mode
structure of electrostatic potential d/ in cases (V)–(VIII). In case (V)
without EEs, it is seen from Fig. 6(a2) that the dominantm ¼ 6 poloidal
harmonic amplitude is much larger that the m ¼ 5 and m ¼ 7 side-
bands, which correspond to a weakly ballooning structure in Fig. 6(a1).
After adding non-perturbative EEs with bee � be0 in cases (VI)–(VIII),
the m ¼ 5 and m ¼ 7 sideband harmonic amplitudes drastically
increase as shown in Figs. 6(b2)–6(d2), which exhibit more typical bal-
looning characters in Figs. 6(b1)–6(d1) due to the enhanced MHD
interchange effect by EEs. In a short summary, the EEs can only stabilize
i-BAEs indirectly, for which fluid response leads to the i-BAE frequency
downshift that suffers more bulk plasma damping, and this stabilization
route becomes important in the non-perturbative regime of bee � be0.

C. BAE stability window due to synergy effects
between EE and EI

As discussed above, the EIs can stabilize e-BAE but destabilize
i-BAE, and the EEs can stabilize i-BAE but destabilize e-BAE, which are
complementary and both play dual roles. To intuitively understand the
EE and EI synergy effects on the overall BAE stability, we compare the
solutions using single and double EP species for both i-BAE and e-BAE
branches. For the double EP species simulation, the EE parameters are
fixed as nee=ne0 ¼ 0:06 and Tee=Te0 ¼ 17:5, which can effectively drive
e-BAE and damp i-BAE in the non-perturbative regime of bee � be0.
Two groups of simulations are conducted using EI temperature
Tei=Te0 ¼ 9 and Tei=Te0 ¼ 25, which correspond to strong and weak
passing EI transit motion resonances. The EI density nei=ne0 is varied for
bei (i.e., EI-b) scan. For a single EP species simulation, we keep the EP
species for mode excitation while removing the opposite charge species,
and other conditions are the same as the double EP species simulation.

Compared to the single EP species results, the double EP species
results of jxr j exhibit modest reductions for both i-BAE and e-BAE
branches in Figs. 7(a) and 7(b), and the reductions become larger with
increasing bei, which is due to the MHD interchange enhancement by
the EE-IC and EI-IC terms. Importantly, the i-BAE and e-BAE are
simultaneously stabilized by EE and EI synergy effects, for which the
growth rates are smaller than the single EP species results in Figs. 7(c)

FIG. 5. (a) The real and imaginary parts of EE response function R5
ffiffiffi
f

p� �
. (b) The

radial profiles of EE adiabatic pressure dPA
ee in Eq. (23) and trapped EE non-

adiabatic pressure dPNA
ee in Eq. (24) using the parameters of B point in Fig. 4(b) of

case (VI).

FIG. 6. The n ¼ 4 i-BAE 2D poloidal
mode structures of electrostatic potential
d/ in cases (V)–(VIII) (first row) and the
corresponding 1D radial profiles of each
m-harmonics (second row), which corre-
spond to the B points in Figs. 4(a)–4(d).

Physics of Plasmas ARTICLE pubs.aip.org/aip/pop

Phys. Plasmas 33, 022504 (2026); doi: 10.1063/5.0295801 33, 022504-8

VC Author(s) 2026

 15 February 2026 05:47:00

pubs.aip.org/aip/php


and 7(d). For fixed EE parameters in our simulation, the BAE stability
window appears with proper EI parameters of bei � 1% and
Tei=Te0 ¼ 9, which can effectively stabilize e-BAE before the i-BAE
destabilization, as indicated by the gray-shaded region in Fig. 7(c). In
Fig. 7(d), the passing EI transit motion resonance becomes weaker for
Tei=Te0 ¼ 25, and the e-BAE growth rate curve decreases to zero at a
higher bei value compared to Tei=Te0 ¼ 9; however, the i-BAE growth
rate curve remains close to Tei=Te0 ¼ 9 due to the stronger trapped EI
precessional drift resonance at Tei=Te0 ¼ 25 (note that trapped EIs are
newly added in this subsection).

IV. SUMMARY AND DISCUSSION

Motivated by the observations of e-BAE and i-BAE activities in RF-
heated plasma,20,40 we analyze the synergy effects of EE and EI on BAE
stability in this work. The global eigenvalue code MAS is applied for the
BAE dispersion relation and mode structure calculations in an analytic
equilibrium, which adopts a Landau fluid–gyrokinetic hybrid physics
model with necessary kinetic effects that treat bulk plasma damping and
EP drive on an equal footing and thus enables the existence of excitation
threshold in the parameter space of EP density and temperature. The
effects of both adiabatic fluid convection and non-adiabatic KPC
response of multiple EP species on BAE unstable spectra are investigated
in detail, and the main conclusions are summarized as follows:

(i) For the e-BAE driven by trapped EEs through precessional
drift resonance that propagates along electron diamagnetic
drift direction, the passing EIs have stabilization effects on
e-BAE through indirect and direct processes: the EIs with
center-peaked pressure profile can enhance the MHD inter-
change from the adiabatic fluid convection response, which
then non-perturbatively decrease the absolute value of
e-BAE frequency to be more closer to ion acoustic wave fre-
quency and thus weaken the BAE growth rate indirectly by
enhancing the bulk plasma Landau damping. Meanwhile,
the passing EIs can interact with e-BAE through transit

motion resonance; however, EI diamagnetic drift frequency
is opposite to e-BAE frequency in sign, which leads to the
direct damping in dissipative-type related to the non-
adiabatic KPC response.

(ii) For the i-BAE driven by passing EIs through transit motion
resonance that propagates along the ion diamagnetic drift
direction, there is no resonance condition to be satisfied
with the trapped EEs, which is characterized by the preces-
sion drift along the electron diamagnetic drift direction.
Therefore, the trapped EEs only stabilize i-BAE through the
indirect process, namely, the EE adiabatic fluid convection
response leads to the decrease in i-BAE frequency so that
the mode growth rate is weakened by the enhanced bulk
plasma Landau damping. However, for i-BAE fluctuations,
the non-adiabatic KPC response of trapped EEs is domi-
nated by the real part in reactive-type rather than the imagi-
nary part due to wave-particle resonance, which partially
cancels the adiabatic fluid convection response and results
in the near-zero net response of trapped EEs. Thus, the i-
BAE is mainly stabilized by the adiabatic fluid convection
response of the passing EEs.

(iii) In the presence of EEs and EIs, both i-BAE and e-BAE can
be excited; however, their growth rates are smaller than in
single EP species cases without synergy effects. For a partic-
ular BAE branch propagating along either ion or electron
diamagnetic drift direction, a stabilizing regime can be
achieved by inducing a suitable amount of EPs with oppo-
site charge, which weakens the counter-propagation BAE
fluctuations while the drive is still below the threshold for
co-propagation BAE excitation.

For reactor parameter regions such as ITER, where the EP tempera-
ture is significantly higher, the direct damping from EIs on the e-BAE
may become weak due to the mismatch of resonance condition.
However, the indirect damping mechanisms are expected to remain

FIG. 7. The n ¼ 4 i-BAE/e-BAE disper-
sion relations with different EI parameters,
and the EE parameters are fixed with
nee=ne0 ¼ 0:06 and Tee=Te0 ¼ 17:5. The
solid marker lines represent the cases
with EI and EE synergy effects, while the
dashed lines represent the cases with
only EP species for excitation. xBAE�CAP

represents the frequency of BAE contin-
uum accumulation point.
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operative. Therefore, the synergistic stabilization from oppositely charged
EPs is anticipated to persist, which is beneficial for plasma confinement.
These findings are helpful for understanding the experimental observa-
tions and providing possible methods for AE activity control. However,
our current study utilizes the center-peaked pressure profiles for both EE
and EI species, and the results might change qualitatively for the off-axis
peaked EP profiles, which will be the focus of our future study.
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APPENDIX A: ANALYTIC EXPRESSIONS OF NON-
ADIABATIC EP MOMENTS IN ZERO ORBIT WIDTH LIMIT

If we omit the FOW effect and consider well-circulating EIs,
the non-adiabatic distribution dKei is presented by

dKei ¼ 1
x� kkvk

"
Zh

Th0
xD/J0fh0 � Zh

Th0
x�

p;hD/J0fh0

� i
Zh

Th0
vd � rdwJ0fh0 þ i

Zh

Th0

x�
p;h

x
vd � rdwJ0fh0

#
: (A1)

The deeply trapped EE non-adiabatic distribution dKee can be writ-
ten as

dKee ¼ x
x� �xd

Zh

Th0
1� x�

p;h

x

� �
ð �d/ � �dwÞfh0

þ 1
x� �xd

Zh

Th0
1� x�

p;h

x

� �
�xddwfh0; (A2)

where �xd ¼
Þ
xdðdl=vkÞ=sb is the precession frequency, sb

¼ Þðdl=vkÞ is the bounce period, and l is the traveled distance of the
trapped particle along the magnetic field line in one bounce motion
period.

With
Ð
dv ¼ 2pB0

mh

Ð
dvkdl ¼ 2pv?

Ð
dvkdv?, integrating Eq.

(A2) in velocity space, we can derive EI non-adiabatic moments as

dnNAh ¼ �Zhnh0
Th0

D/DFLR � 2
Zhnh0
Th0

xD

x
NFLR; (A3)

dukh ¼ �2
Zh

Th0

x
kk

D/ C1 1� x�
n;h

x
þ ðC1 � C3Þ

x�
T;h

x

� �� �

� Zh

Th0

x
kk

D/DFLR � 2
Zh

Th0

xD

x
x
kk

dwðC1 þ C3Þ

� 1� x�
n;h

x
� x�

T;h

x

� �
� 2

Zh

Th0

xD

x
x
kk

dwNFLR; (A4)

dPNA
h ¼ dPNA

kh þ dPNA
?h ¼ �2Zhnh0D/NFLR � 4Zhnh0

xD

x
dw

� 1� x�
n;h

x

� �
FFLR �

x�
T;h

x
GFLR

� �
; (A5)

where xD ¼ �i cTh0
Zh

b0�j
B0

� r. The response function DFLR, NFLR,
FFLR, and GFLR are

DFLR ¼ 2 1� x�
n;h

x

� �
C1fhZðfhÞ � 2

x�
T;h

x
C1 f3hZðfhÞ �

3
2
fhZðfhÞ þ f2h

� �
þ C3fhZðfhÞ

� �
;

NFLR ¼ 2 1� x�
n;h

x

� �
C1 f3hZðfhÞ þ f2h

� �þ 1
2
C3fhZðfhÞ

� �

�2
x�

T;h

x
C1 f5hZðfhÞ þ f4h þ

1
2
f2h

� �
þ 3
2

C3 � C1ð Þ f3hZðfhÞ þ f2h
� �þ 1

2
C5 � 3

4
C3

� �
fhZðfhÞ

� �
;

FFLR ¼ 2C1 f5hZðfhÞ þ f4h þ
1
2
f2h

� �
þ 2C3 f3hZðfhÞ þ f2h

� �þ 1
2
C5fhZðfhÞ;

GFLR ¼ 1
2
C7fhZðfhÞ þ C5

5
2
f3hZðfhÞ �

3
4
fhZðfhÞ þ

5
2
f2h

� �
þ C3 4f5hZðfhÞ þ 4f4h � 3f3hZðfhÞ � f2h

� �
þC1 2f7hZðfhÞ þ 2f6h � 3f5hZðfhÞ � 2f4h

� �
;

(A6)
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where ZðfhÞ is the plasma dispersion function: ZðfhÞ
¼ 1ffiffi

p
p

Ðþ1
�1

expð�t2Þ
t�fh

dt and fh ¼ x=
ffiffiffi
2

p
kkvthh

	 

. The subscript “FLR”

means the modifications of EI response functions D, N, F, and G
when we reserve the FLR effect. If we ignore the FLR effect, these
response functions would reduce to the same form as that in Ref. 6,
except for an extra fh factor. The coefficient Cn used in the response

functions is given by CnðbhÞ ¼
Ð1
0 v̂n?J

2
0

ffiffiffiffiffiffiffi
2bh

p
v̂?

� �
e�v̂ 2?dv̂?, where

v̂? ¼ v?=
ffiffiffi
2

p
vthh

� �
. The specific expressions of C1;C3;C5;C7 are as

follows:

C1 ¼ 1
2
e�bh I0 bhð Þ;

C3 ¼ 1
2
e�bh 1� bhð ÞI0 bhð Þ þ bhI1 bhð Þ½ �;

C5 ¼ 1
2
e�bh 2 1� bhð Þ2I0 bhð Þ þ bh 3� 2bhð ÞI1 bhð Þ

� �
;

C7 ¼ 1
2
e�bh

�
6� 18bh þ 17b2h � 4b3h
� �

I0 bhð Þ
þ bh 11� 15bh þ 4b2h

� �
I1 bhð Þ�;

(A7)

where bh ¼ k2?q
2
h, and qh ¼ vthh=Xc;h is the EI thermal cyclotron

radius. Using the same method, the EE non-adiabatic moments can
be obtained as

dnNAh ¼ �ft
Zhnh0
Th0

�
2 1� x�
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x
þ 3
2
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x

� �
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p	 
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x
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p	 
�
dw; (A8)

duNAkh ¼ � Zh
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dPNA
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where xD0;h ¼ �i cTh0;

Zh

b0�j
B0

� rjh¼0, ft ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1� klow

B0
Ba

q
is the trapped

particle fraction for the Maxwellian equilibrium distribution,
Ba=Bmax < klow < Ba=B0 is the lower cutoff trapped pitch angle,
f ¼ x=xD0;h, and the EE response functions are given by
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f
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APPENDIX B: COMPARISON OF I-BAE BETWEENMAS
AND GTC SIMULATIONS

We carry out MAS and GTC simulations of i-BAE in analytic
geometry based on a well-established benchmark case.27,28 The ther-
mal electron, thermal ion, and EI temperatures are uniform with
Ti0 ¼ Te0 ¼ 500 eV and Tei ¼ 25Te0, and the thermal electron den-
sity is uniform with ne0 ¼ 1:3� 1014 cm�3. The EI density profile is
described by nei=nei;a ¼ 1:0þ 0:27½tanhðð0:26� ŵÞ=0:06Þ � 1:0�
(where nei;a is the on-axis value, and ŵ ¼ w=ww is the normalized
poloidal flux), and the reciprocal of EI density scale length
jR0=Ln;eij ¼ 20 peaks at q ¼ 2 rational surface. The on-axis mag-
netic field strength is B0 ¼ 1:91 T, the major radius is R0 ¼ 1:0 m,
and the minor radius is a ¼ 0:333R0. The safety factor profile is
q ¼ 1:797þ 0:8ŵ � 0:2ŵ

2
.

As shown in Fig. 8, both the real frequency x and growth rate
c increase with increasing EI fraction nei=ne0 from MAS and GTC
simulations. The x obtained from the two codes show excellent
agreement. The c results show relatively large difference, which may
originate from two aspects: (i) MAS applies a Landau-fluid model
for the thermal ion species, which results in different bulk plasma
damping from GTC gyrokinetic model; and (ii) MAS adopts the
well-circulating and deeply trapped approximations for EI species,
which might weaken/strengthen the EI drive in phase space depend-
ing on specific resonance condition.

The d/ mode structure of i-BAE is compared between GTC
and MAS simulations in Fig. 9. Different from e-BAE reported in
Ref. 45 that MAS and GTC give very similar mode structure, the
i-BAE mode structure exhibit differences in the poloidal shape and
radial width; this is due to the fact that deeply trapped EEs are the
dominant drive for e-BAE so that the deeply trapped approximated
model in MAS can well describe the EE response, while the i-BAE
can resonantly interact with EIs in much wider phase space
domains as shown in the appendix of Ref. 45, which amplifies the

FIG. 8. The comparisons of n ¼ 3 i-BAE (a) real frequency x and (b) growth rate c
between MAS (blue and red colors) and GTC (black color) simulations. The EI tem-
perature is fixed as Tei ¼ 25Te0.
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difference between GTC exact model and MAS well-circulating/
deeply trapped approximated model, in consistent with the growth
rate difference in Fig. 8(b). For the qualitative investigation of i-
BAE excitation and damping in the current work, the MAS model
can faithfully capture the leading physics of i-BAE following the
GFLDR theory.6
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